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Cau 1. Cho hinh chép S.ABC c6 SA vudng gbc véi
(ABC), day latam giac vuong can tai B, SB = a. Tinh
sin cla goc tao badi (SBC) va (ABC) khi thé tich khai
chép S. ABC 16m nhat.




Giai: Ta c6 ((SBC), (ABC)) = SBA = «

= BC = AB = acosavaSA = asina.

1 /1
= Vsapc =3 (—.acosa.acosa).asina.

3°\2
Loy ez
=g a.cos®a.sina.

Xétham sé f(x) = (1 — x?)x véix € (0;1).

Tacof'(x) =0 1—3x2 =0 < x = +/3/3.
V3

Lap BBT tacomax f(x) = f <?>

1S

Vay, khi Vs 45¢p 16m nhit thi sin((SBC), (ABC)) = 3




Cau 2. Cho hinh chép S.ABC céb
SA = SB = SC = 1. Mit phang («) di qua
trong tAm G cua hinh chép va cit cac canh

SA, SB, SC lan luot tai A’, B/, C'. Xac
dinh vi tri cia (P) dé biéu thic

1 1 1
SASB | SB'SC’ | SCTSA

dat gia tri 16n nhat.

Q=




A
Giai. Dit 5

s =a, — =1, - =c
) A SB SC
Ap dung bo dé ta cé
+ b + —351—34—4
a c=3-=37=4%
Lruy SA =SB =SC =1.Tacé
1 1 1

¢= SA'.SB' * SB'.SC’ +SC’.SA’

_ SA.SB N SB.SC N SC.SA
" SA'.SB’ " SB'.SC'  SC'.SA’
(@a+b+c)* 16

=ab+b <—F=—
ab + bc + ca < 3 3

Diu" ="xayrakhia =b =c = 4/3.
Khi d6 («) //(ABC).




Cau 3. Cho hinh chép S.ABC «c¢o
SA = a, SB = b, SC = c. Mit phang () di qua

trong tdim G cua hinh chép va cat cic canh
SA, SB, SC lan luot tai A’, B’, C'. Tim gi4 tri
nho nhét cia biéu thirc

1 1 1

Q_ A/z S /2+SC/2‘




1 1 1 - o
Gidi. — =12, — =y, — = 2. Ap dungbd
A~ " sp "V sc b CHne
deé ta cé

SA SB SC SI

sa s T sc :'E
:>ax+by+cz=3.§=4.

Q= —r e b e = 22 y2 4 2
SA'? ~ SB'2 " S(C'?
- (ax + by + cx)? 16

; a2+ b2+c2  a?+b%2+c?
Dau " = " xay ra khi

r_y_=z
a b c
ax + by + cz = 4.




Cau 4. Cho hinh chép S.ABCD c6 day la
hinh binh hanh va K la trung diém cta SC.
Mot mit phiang (P) chita AK valan lwot cat
canh SB, SD tai M, N (khic S). Tim

GTNN va GTLN cua biéu thirc

_SM SN
 SB  SD’




Giai Cau4.Goi 0 = ACNnBD,I = 50 n AK.
Khi d6 M, I, N thang hang.

DtSB 2D T 1+1 Apd
— = =y=>T=—+-—.
TSmO snTY Xy PR
BS dat SB+SD 250_23_
0 eacoSM SN T =23
Do d6 x + y = 3.Suyra
T 1_}_1> 4 4 in(T) 4
= — — = - = —
x y x+y 3 i 3

ViN € [SA]nén M € [EB] = x € [1;2]
>51-x)2-x)=20=>x(3—-x)=2

=>xy =2
- 1+1 x+y 3<3 T 3
=3 = — — = = — = = —,
x y Xy xy 2 max 2

Diu" ="xadyrakhix =1,y = 2hodcx =2,y = 1.



Cau 5. Cho t&x dién ABCD va M 1a diém thudc
mién trong clia tam giac BCD. Ké qua M cac

duong thiang song song véi AB, AC, AD lan
lwot cit (ACD), (ABD), (ABC) tai B', C', D".

Tinh gia tri nhé nhit cua biéu thirc

AB AC AD
= / + / + ’°
MB MC MD




Giai Cau 5. BM n CD =1, MB' //AB (B’ € Al). 1
MB' IM MK _ Sycp
AB IB  BH  Sycp
MC"  Sypp , MD"  Sypc
AC  Spep S AD T Spep
MB' . Mc' .\ MD' .
AB  AC AD B
MB'  MC' MD' MB' MC' MD'
1= + + > 33 . .
AB  AC = AD AB AC  AD 174
ABAC.AD H
= —— C, - >27. Suyra C
MB' MC'.MD
AB AC AD ABAC.AD
T = +\/ +\/ 233/ > 3%027 = 34/3.
\/MB’ Mc' '\ MD' MB' . MC'.MD'
DAu " = " xay ra khi M 1a trong tim ABCD.

. Twong tw ta cé

.Suy ra

I




Cau 6. Cho hinh chép S.ABCD c6 day la hinh
binh hanh. Mit phang (a) qua S cat cic canh
SA,SB,SC,SD lan lwot tai M, N, P, Q théa man
SA = 25M, SC = 3PC. Tinh gia tri nho nhéit cta

2 2
r=(55) +4(55)

biéu thirc




Giai Cau 6. HS tu néu cach xac dinh N, Q.
SB SD

DatS—N—xSQ—y.Suyra

,,_SB SD__S0_sA sc_. 3

*rY=sntso T srTsm T sp 2
2

Vix,y>1lvax+y=7/2nénl <x,y <5/2.

- 2
:>T=x2+4y2=x2+4<§—x)

5
=5x2—28x+49véix € [1;5].

, . . . 5] 41
St dung dao ham ta tim dwoc min(T) =T (—) =



Cau 7. Cho hinh ling tru ABCD.A'B'C’'D’. Mit phang
() thay d6i ludn song song hai mat day cat cac doan
thang AB',BC’,CD’, DA’ 1an lwot tai M,N, P, Q. Xac
dinh vi tri cua () dé dién tich t& giAc MNPQ nho
nhat.

Cl



Al

co
S IM 1 IM |
IMQ:—.—Qz - ,.—Q=x.(1—x).
S.sp  AB AD ~ A'BAD
S S
Twong tw JMN _ KNP _ HPQ:x(l—x).Dodé

Spac Scep  Spca
Sunpg = Syku — Simg — Symn — Skne — Supg
=S5 —x(1-x).2S.
Suy ra Syypo Nho nhat & x(1 — x) 1én nhat. Ta c6

(x+(1—x))2_1
x(1—x) < 2 =7

1 .
Diu" = "xay rakhi x = > © (@) di qua trung diém cac canh bén.




Cau 8. Cho hinh chép S.ABCD cé day la hinh
binh hanh. M di dong trén canh BC (M khac B va
C). Mit phang (a) di qua M va song song voi
SB,AC. Tim vi tri ciia diém M d€ thiét dién cta

() va hinh chép S. ABCD c6 dién tich 1&n nhat.




Giai Cau 8. K& MN //AC (N € AB), ké MQ //SB
(Q € SC), k& NP //SB (P € SA). BD cit AC, MN tai
0,E.Ké ER //SB (R € SD). Thdién 1a MNPRQ.

Ta c6 MNPQ 1a hinh binh hanh, SO va RE déu di
qua trung diém F cia PQ.Ké 01//SB (I € SD).

e BM
bat (SB,AC) = (pvézz x(0<x<1).Taco

Sunpg = MN.MQ.sing = xAC.(1 — x)SB.sing

1
—(x SB) (x Ac) S SB.AC.si
=5 7 sing = —-.SB.AC.sing

3x 1
= Sunpro = x(l _T> SB.AC.sing < 3SB AC.sing.

7 BM
Dau" = "xayrakhix == hay 2C - 3



Cau 9. Cho hinh ch6p S. ABCD c6 day la hinh
thang, day lon BC = 2a,AD = a, AB = b,
SAD latam gidc déu. M di déng trén canh AB.
(a) di qua M va song song v&i SA, BC. () cat
CD,SC,SBlanlwottai N, P, Q. Tinh gia trilén
nhéit dién tich thiét dién tao béi () va hinh

chop da cho.



Giai Cau 9. Thiét dién la hinh thang MNPQ.
bat AM = x. Theo dinh ly Talet ta c6

MQ BM:MQ b—x:M _a(b—x)
SA ~ BA a b Q= '
PN CN BM Py — SD.BM _ a(b —x)
SD CD BA ~ BA b

Suy ra MNPQ la hinh thang can. Ta cé

X b—x ax + ab
MN=MI+IN=E.2a+ 5 .a= 5
QP SQ AM BC.AM 2ax

= QP = =—
BC SB AB AB b

MN + PQ MN + PQ MN — PQ\?
= Suwpg == '\/MQZ_<T)

_\/§2 Gx 4 b)Y(3b — 3x) < V3a? (3x+b+3b—3x>2_\/§a2
= 12p2 % X=1op2 2 = '




Cau 10. Tim gia tri I6n nhit thé tich
khdi chdp tir gidc déu c6 canh bén bang

b.




Giai Cau 10.
Gia sit hinh chop déu S.ABCD ¢6 Ola tam hinh vuong ABCD. Suy ra SO L(ABCD).

Dit OD=2= S0 =b*-2".0<x<b.Do d6 thé tich S.ABCD la L Ap— =%.172\]b2 -z,

Dat t =+/b> —2°,0<t <b thi v;wm=%(b2—f~’)/=%_/(t) voi f(t)=bt—t>.
Theo bat ding thitcc AM — GM ta c6

e Lome 2 _9,.2 o AR3
V=§.’172\/1)2—.172 =g\/;1'4([)2—.172)ﬁ\/§\/('1 i e -

3 3 3 937

Vay V. = i‘

max 9 \/5 2



Cau 11. Cho khoi chdp S.ABC c6 day la tam
gidc vudng can tai B. Khoang cach tir A dén
(SBC) bang v2a, SAB = SCB = 90°. Tinh do6
dai AB dé thé tich khoi ch6p S. ABC nho nhit.




Giai Cau 11.
Dung hinh vuong ABCD , canh bang z , tacé SD L(ABCD); dat SD=h.
Dung DH 1 SC = DH L(SBC) Taco d(A;(SBC))=d(D;(SBC))=DH =a2

h®

h'..). ‘)?.

P :>V:lh.$2:-a—.
6 3

v 2
2 h® 2a

Xét ham s6 f(h)= _& — _v6i h>a\2

h? — 247

h? (h, —6a’ )

3(12‘2 —2a’ )2

Vay f(h) nhé nhét khi h= a6 >z=0a3. A B

=0<:>h=a\/g

Taco f'(h)=
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