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LOI GIAI CHI TIET
1 B 2 A 3D 4 B 5 B 6 D 7 B 8 C 9 C [10 A
1 D |12 A |13 B |14 D |15 B |16 B |17 B |18 C |19 B |20 C
21 C |22 B |23 C |24 C |25 A |26 D |27 A |28 A |29 A |30 D
31 B |32 C |33 B |34 C [35 B |36 A |37 A |38 A |39 C |40 C
41 D |42 B |43 C |44 A |45 D |46 A |47 D |48 B |49 B |50 A
3 : L4 Aa =1
Cauld.l.TacoV,, o = > B.BC|. :5abc. Chon B.

Ciu 3.2. Dudng kinh dy bang 8 nén ban kinh day bang 4. Suy ra V = 7410 = 1607. Chon A.
Cau 3.3. Diém thuoc (Ozy) c6 dang (z; y; 0). Chon D.

Cau3.4.Taco 47R* =36mr = R =3 =d = 6. Chon B.

—_—

Cau3.5.Taco n, =u,(l; -1 2).

Suyra (P):(z—1)—(y+1)+2(2—-2)=0< 2—y+2z—6=0. Chon B.

3
CAu36.Taco V. —1§ ga— é.(?a)Z.a = 4%. Chon D.

S.ABCD 3 ABCD*

Ciu3.7.Taco AC = AB + AD = (1;2; 1). Chen B.

Céau 3.8. Mdi mit cta hinh mudi hai mat déu 12 ngii giac déu nén chu vi cia mdi mat 1a 3.5 = 15.

Chon C.

Ciu 3.9. Vécto don vi trén truc Oy 13 §(0; 1; 0). Chon C.

Céu 3.10. Ta co u/‘/v@_—iz%n:%>0@m:1 (Iuuy m > 0). Chen A.
m
v
Cau 3.11. Ta c6 —2£2 — SE _ 2 Suy ra
S.CBD SC 3
2 21 1
Vsmmp = gVS.CBD = E'EVS,ABCD = 3

Chon D.

Cau3.12. Tacd R = d(I, (Ozz)) = |y | = 2.

Phuong trinh mat cau 1a (z —1)* + (y +2)* + (2 — 1)’ = 4. Chon A.

Caudd3.Taco 1=2r = h =P —r* = J2r) —r* =3r,
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V3

SuyraV = émﬂh = %71’7"2.\/57" = ?w = r = 1. Dién tich d¢ay hinh nén bang 77> = 7. Chon B.

—_

Ciau3.14.Taco u, L u,(1;2;1) vau, L "(om(O; 0;1) nén u, =

_— —

u,,

= (2; —1; 0). Chon D.

(Ozy)

Cau 3.15. Ta c6

v, o=ty -

1
A'B o VAABep T
co 4 C 4

d(A', (ABCD)).S, . =

" ABCD

W |
&~ | =
W | =

Chon B.

Cau3.16.Taco R=+Ja’ +b* + ¢ —d =1+4+4 +m =5= m = 16. Chon B.

Cau 3.17. Ta co S/A\O =60". Suyra r = A0 = SO.cot60” = 10. Do d6

qu = 7rl = wr\h* +r* = 2007.

Chon B.

Cau 3.18. Hinh chiéu cia A(2; —1; 3) 1én (Oxz) 1a H(2; 0; 3). Tacé A’ =2H — A= (2; 1; 3).

Chon C.
Céu 3.19. Goi O la tdm hinh vuéng ABCD thi SO L (ABCD). Goi

H 14 trung diém CD. Khi d6 ((SCD), (ABCD)) = SHO. Ta c6

cosg'{\O:OH: d - L sHO =45
SH \/3&2 —a’ \/5
Chon B.
Ciu 3.20. Ta c6 X(1; 0; 0), Y(0; —2; 0), Z(0; 0; 3). Suyra V, = é.OX.OY.OZ = %.1.2.3 =1. Chon
C.
Cau 3.21. Tac6 AABC 1a hinh chiéu vuéng goc cia AMNP 1én (ABC) nén
1 . 0
S —.a.a.5in 60 \/g
cos((ABC), (MNP)) = —AsC. — 2 = X2 = ((ABC), (MNP)) = 30",
SMNP i 2
2
Chon C.
R A — : \1\ 1 .
Céu 3.22. Taco u, (0; 0; 1), n_(0; 1; 1). Suy ra sin(Oz, (o)) = —= = —= = (0z, (a)) = 45".
142 2
Chon B.
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Cau 3.23. Goi H la tam duong tron ngoai tiép tam giac déu ABC thi g

SH 1 (ABC). Khi d6 (SA, (ABC)) = SAH. Suy ra

St — At A7 = Y5 o 517, ! ¢
Do d6 5
— 3
Ve = =SH.S,, :% J3a .tan SAH. ‘f“ */155
= tan SAH = /3 = SAH = 60“
Chon C.
Cau 3.24. Vi SBC 1a tam giac vudng tai dinh S va nam trong mit phang vudng géc v6i mat phang day
(ABC)nén R, =R .. = % (xem lai phan 1y thuyét). Chen C.
V. 127
Cau 3.26. Ta c6 ~22 — 23 _ 94 Chon D.
% 14
—.—m.3
23

Cau 3.27.Vi AD / /(SBC) nén
d(D, (SBC)) = d(A, (SBC)).
Ké AH 1 SB tai H. D& chimg minh AH | (SBC).

Suy ra
AS.AB

VAS® + AB?

d(D, (SBC)) = d(A, (SBC)) = AH =

2a.\/§a 2\/5&

- \/4@2 + 2a° 3

Chon A.
Ciu3.28.Taco (AC, A'B) = (A'C’, A'B) = 60° (vi tam gidc A'BC’ déu). 4 -
Chon A. b ¢

B o

Cau 3.29. Ta co ASB =90" = SO = %AB = \/25 Gia st thiét dién

qua dinh 1a tam giac SAC. Goi H 1a trung diém AC. Khi d6

SO \/_a

SHO = 60" Suy ra SH = =—~——.Dodo
sin 60°
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Chon A.

. _[
Cau 3.30. Ta cod d
}
u, 1 u, — — — \
u,, n(}]:(O;—Q; 2)=20; —1; 1). A\IQ

= L= =

u, Ln,
z=1
Goi [ = AN(a). Khidd I(1;1;1). Suyra{y=1—1¢
z=1+1.
Chon D.

Cau 331. Goi O=ACNnBD. Ké OH L SC tai H. Ta c¢o
BD 1 (SAC) = BD 1 OH. Do @6 OH la dudng vudng goc chung cla

BD va SC. Tacé OC =~2a, SO = 54> — 40° = \3a.

_ 05.0C _ \/%a. Chon
SC 5

Cau3.32.Giast And =1 thi I(2t; 4¢; ¢ + 3).

Suy ra d(BD, SC) = OH B.
TacoELId:2(2t—2)+4(4t—3)+(t+4):o;»t:é

Suyrau_A':ﬁz[ 6.5, 32]:—%(6; 5. — 32). Chon C.

Ciau 3.33. Gia s thiét dién qua tryc 13 tam gidc déu SAB va R, r lan

S

lugt 12 ban kinh mit cau ngoai tiép, noi tiép hinh nén. Khi d6

R_0s _,

r OH
0]

éTrRS R 3
Suy ra —+ = 3 = [—] = 8. Chon B. A B
3 ' !/
2 —Tr
) r=3t—1
Cau 3.34. Dat L ;_ = yT—I-E) = % =t = yy = 2t — 5 thay vao phuong trinh cta d ta dugc
z=1
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Sl 2D s =1
2 -3 m

Chon C.
Céu 3.35. Cach 1. Chiéu vudng goc tam giac AMN xudng mat
phang (SBD) ta dugc tam giac AM'N’ véi M', N’ lan luot la

trung diém cua AB, AD.

Taco AM = AN = & MN = EBD = \/250’ Suy ra tam giac
2
2
AMN déunén S, = @{%J = \/i“ :

2 . S -
= %. Suy ra cos((AMN), (SBD)) = -4 — 2+ Chon B.

SAAMN \/g

Ciach 2. Cho a = 1. Chon h¢ truc toa d§ Ozyz sao cho A = O(0; 0; 0), B(1; 0; 0), D(0; 1; 0), S(0; 0; 1).

B 1 aa
Ta co SAAM’N’ 2555

o 1 1 11 , -_— 1 i —
Khi d6 M[? 0; 2] N[O 35 Ta ¢6 n ) = [AM, AN] = —Z(l; L=1) va n,,., = AS0; 0; 1).
Suy ra cos((AMN), (ABCD)) \/,H\/, \/, Chon B.
Ciu 3.36. Goi H 14 trung diém ctua BC thi SH L (ABC).
Khi dé BO LAl BC 1 (SHK
"ONBe s T (SHK).

Ké HK | SA thi HK la duong vudng goc chung cua SA va BC.

a V3a \/_
Suy ra d(BC, SA) = HE — —1AHMS 2" 2 N34
VHA* + HS* o 3a® 4

PR

Chon A.
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Céu 3.37. Goi I, J lan luot 1a trung diém cua AB, CD. Taco

Voarw _ 5G SK SN 22, 4
V.o SI SJ SN 33 9
4 41 1 a’
= Vooxy = 5 SIN 5'_VS.ABCD = §VS.ABCD = E
, 1 1
(lvuy S =-5 = SABCD)'

ANILJ o W BOII Z

Chon A.
Cau 3.38. Goi I 1a trung diém AB. Khi d6

CIC" = 60" = CC' = CI tan 60" = /3a. v

Mit phang (AMN) cat B'C’ tai P (MP / /AN). Tacé

. « : L a A 04
Sl:SCAN :ESCAB :E va 52 :SC’MP :ZSCIA,B,ZE'
Suy ra |
1 1la®  a®  a 7\/5(13
Voavomr = g(sl + 5, + SISQ)CC' =35 + 3 + Z] .\/ga =
Chon A.

Cau 3.39. Ta c6 OABC la tir dién vuong tai A. Theo mot két qua quen
thudc thi OH L (ABC).

B

Suyra u,,

= Mapoy =

[A_E, Z@} — (6; 3; 2). Chen C.

Céu 3.40. Cho h¢ truc toa d0 Ozyz sao cho A = O(0; 0; 0), B(4; 0; 0). Goi M(z; y; z). Tacod

MA:3MB(:)$2+y2+z2:9((x—4)2+y2+22)®x2+y2+22—9$+1820.

2

N 9
Ban kinh ctia mdt cau cantim la R = \/ 5

+02+02—18:§.

Chon C.
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Céu 3.41. Goi I 1a trung diém cua BC.

BC 1 AI

BC 1 (ADI). Ké AH 1 DI tai H. Khi
BCJ_D[:> C L ). Ké tai i

Khi dé {
d6 AH 1 (BCD).

Tur gia thiét ta c6 ABC 1a tam giac déu canh \/Ea nén

) o

Al = 5 = 5 tam gidc BCD vudng tai D nén
DI = %BC = %. Xét tam giac ADI tacod
— 2 2 _ 2 —
cos AID = A+ — 4D :—£:>SinAID: :ﬁ
2.IA.ID 3 3

3

1 a’ a
=_AH.S = —.0.— = —. Chon D.
3 BCD 3 2 6 *

Suyra AH = IA.sinm =a. Dodo V 1

ABCD
Cau 3.42. Mit cau (S) cotam I(4; 2; —1). Goi E 1a diém thoa man

b-—z)—B—=z
FA—-FB—EC=0<{8—-y)—(5b—y

Khi do

_— — —

MA — MB — MC| = (ﬁ+ﬂ)—(ﬁ+§§)—(ﬁ+§5)‘:]\m

Nhan thdy £ nim ngoai (S). Dé ME nho nhét thi M 1a giao diém cuia doan thang EI véi (S).

L z,, =4t
Suyra EM =tEI (0 <t <1)=qy, +2=4t = M(4t; 4 —2; =2t +1) v6i 0 <t < 1.
z, —1=-2t

Thay vao phuong trinh (5) ta dugc

t=1/2

At — 4)?* + (4t — 4)* + (=2t)* =
(=4 + W2 + (2 =9 0=

1
t:§:>xM:2(ViO<t<1).

Chon B.
Ciu 3.43. Ban kinh ctia vién vién d4 quy (khong phai & chinh giita) 1a 1’ = % Téng thé tich ctia 7 vién

3
vol 0 < r < 5.

3
daquyla V= %mﬁ +6.§7T.[5_TJ . Xéthamsé y =" +6

Str dung dao ham hodc M4y tinh bo thi (chtrc ning TABLE) thi khi 7 & 2,33 cm thi y nho nhét.
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Chon C.

Cau 3.44. Mat cau (S) c6 tam I(3;2; 5), ban kinh
R = 6. Nhan thdy A nam trong mat cau (). Goi K Ia
trung diém MN. Ta co

MN = 2MK = 2IM* — IK*

— R — IK? > 2JR? — 14* = 24/30.

Chon A.
Céu 3.45. Goi O=ACNBD, I = AM NSO. Khid6 NP di

qua 1 va song song voi BD. bat
M—C:x>02>£:x+1. Ta co
MS SM
SB  SD SO SA SC
—F—=2.—=—+4+—-—=2+z
SM  SP S SA SM
SB_'SD _a+2
SM  SP 2
%
Ta ¢ —CANME — MC T va
S.ANMP MS
SA SB ~SC SD z+2 r+2
—t——t+——+— 1+ +(x+1)+
Vounw _ SA SN SM 'SP _ p @t _ 2
Vs anco 4 SA SB SC SD (z +1)(z +2)° (z+1)(z +2)
"SA'SN SM 'SP
2x . , - 5 2 ) oz
Suyra V,, .= m.i/g. asepe St dung chire nang CALC cua MTBT dé€ thtr 4 dap an ta duge
x = \/5 thi _ 16n nhat. Chon D.

(z+1)(z+2)

Céu 3.46. Goi V' 1a thé tich cua khéi ling tru da cho. Ta co

V =V

ABCMNK

v

B'ABCD ~ VK.ACD VB’.MNK - VN.BB’M

lV lV lV lV 3

3° 12 48 24 16

3
= i.a.a. sin120".2a = 3\/5@ .
16 16
Chon A.
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Cau 3.47. Gia st A cit (Oyz) tai M(0; a;b). Ta co u, =u, (1;0;0). Ta cb OW(O; a; b),

— — — a b b O 0 a
AM(1; a; b—4). Suyra |OM, u, | = o ol 1"l o =(0; b; — a).
S y—
Do d6 d(A, Oz) = d(M, Oz) = *———=+a’ +b* =2=ad" +0’ =4=-2<b<2
UO.’E
—_— — a b—4] b—4 14 1 a
Tacod |[AM, u, | = , , =(0; b —4; —a).
A 0 0 0 11'1 0
b
Suyra d(A, A) == o>+ (b—aP = J4— 0+ (b—47 =~20—8b <6 (vi —2< b <2).
uA
T=1
Dau"="xayrakhib=—-2a=0=A:{y=0
z=—2.

Chon D.
Cau 3.48. Mit phang chira EF va song song v6i (ABCD) cit AA', CC’

) ) ) 2
lan luot tai 1, J. Khido V' =V, = EV. Ta co
1
Viewr = V- (VE.BAC +Vosr T Visen + VA.IEF) =V'- 4'EVI
= lv’ = EV
3 9
Chon B.

Ciu 3.49. Mit ciu (S) c6 tam I(1; 2; — 3), ban kinh R = 34/3.

Pit MA—= MB = MC =z thi AB =1, BC =<2z, CA =3z nén tam
gidc ABC vuong tai B. Khi d6 trung diém H cia AC la tim dudng tron

ngoai tiép tam giac ABC. Suyra M, H, I thang hang.

Ap dung hé thic luong cho tam giac vuong MAT ta co

1 1 1 4 1 1 1 1
= + - =4+ = —=_=7=23,
AH?*  AM* AI? 3z 1t 27 3z 27

Suyra IM = JAM? + AI’ =6. Vi M €d = M(t—1; t — 2 t +1).
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Suyra (t—2 +(t—4) +(t+4) =36 &

t=4/3.
Viz, <0=1=0=y, ——2. ChonB.
Céu 3.50. MN cit CD tai E, EP cit AD tai Q. St dung dinh A
Iy Menelaus (hodc ké song song dé dung dinh 1y Talet) ta tinh
ED 1 EN 1 EQ 2 Q
dugc —=—, —=—, — =—. vwE
" EC 4 EM 2 EP 5 B 5
v 112 1 19 M
Suyra =2M¢ — - — 2 - — = o = —V .
i 4 2 5 20 NQDMPC 20 E.MPC b
., 4 4 21 4 4
Laico V, .. = §VD.MPC = g'g'EVD.ABC = §VD.ABC = §V'
19 19 4 19 P \ 19 19 19
Suyra V. =— =—.—V =—V. Suyratisothétichhaiphnla —:|1 — —|=—.
YT Pvapure = 50 Veare = 5g g " T ys TS P 15 [ 45] 26

Chon A.
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